Lemma Let p(z)=a,z"+a_,z""+ .- +a, beapolynomia of degreen. Then, for each
e, 0<e <], theeexissan R> Qsuchthafor | z|> R
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Let r berationd function, r: R, ® R, . For I = P , Where p and q have no common zeros, define

deg(r) = deg(p) - deg(q) and let polesetof r, P, , begivenasP, = Z,.

Theorem. Letr berationd function, r : R, ® R, . Suppose
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Theorem. Letr berationd function, r : R, ® R, . Suppose
(1) deg(r)£ -1 and

@ PCR=£.
Then,
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Corollary. Suppose additiondly, r iseven. Then,
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Alternately, suppose additiondly, r isodd. Then,
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Theorem. Letr berationd function, r : R, ® R, . Suppose
(1) deg(r) £ - 1 and
(@ P GR={0}
(3) r hassmplepoleat 0

Then,
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Corollary. Suppose additiondly r isodd. Then,
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Theorem. Letr berationd function, r : R, ® R, . Suppose

(1) deg(r) £ - 2 and
(2 P G{R" E{0}} =/.

Suppose O<a <1. Then,
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where Z* = exp(a log, z) and log, z=log| z|+iarg, z, 0<arg,z<2p .
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Theorem. Let R(X, y) beraiond inx, y. Suppose R(cos(q),sin(q)) iscontinuouson [0,2p ] .
Then,
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